Recent studies on relatively young and fit individuals with limb loss suggest that maintaining muscle strength after limb loss may mitigate the high metabolic cost of walking typically seen in the larger general limb loss population. However, these data are cross-sectional and the muscle strength prior to limb loss is unknown, and it is therefore difficult to draw causal inferences on changes in strength and gait energetics. Here we used musculoskeletal modeling and optimal control simulations to perform a longitudinal study (25 virtual "subjects") of the metabolic cost of walking pre-and post-limb loss (unilateral transtibial). Simulations of walking were first performed pre-limb loss on a model with two intact biological legs, then post-limb loss on a model with a unilateral transtibial prosthesis, with a cost function that minimized the weighted sum of gait deviations plus metabolic cost. Metabolic costs were compared pre-vs. post-limb loss, with systematic modifications to the muscle strength and prosthesis type (passive, powered) in the post-limb loss model. The metabolic cost prior to limb loss was 3.44±0.13 J/m/kg. After limb loss, with a passive prosthesis the metabolic cost did not increase above the prelimb loss cost if pre-limb loss muscle strength was maintained (mean -0.6%, p = 0.17, d = 0.17). With 10% strength loss the metabolic cost with the passive prosthesis increased (mean +5.9%, p < 0.001, d = 1.61). With a powered prosthesis, the metabolic cost was at or below the pre-limb loss cost for all subjects with strength losses of 10% and 20%, but increased for all subjects with strength loss of 30% (mean +5.9%, p < 0.001, d = 1.59). The results suggest that maintaining muscle strength may prevent an increase in the metabolic cost of walking following unilateral transtibial limb loss, and that a gait with minimal deviations can be achieved when muscle strength is sufficiently high, even when using a passive prosthesis.
Introduction
Individuals with lower limb loss face a variety of issues that can limit their mobility, affecting quality of life and risk for various secondary conditions [1] . One such issue is the metabolic a1111111111 a1111111111 a1111111111 a1111111111 a1111111111 cost of walking, which is often greater in individuals with limb loss than in those without [2] . In individuals with unilateral transtibial limb loss, different passive prosthesis designs or stiffness settings have provided modest metabolic cost reductions at best [3, 4] and results to date from powered prostheses have been mixed [5] [6] [7] . These results are surprising, given that optimal control simulations have suggested prosthesis stiffness and power can theoretically reduce the metabolic cost of walking by greater amounts [8, 9] .
When prosthesis design alone does not appear to fully account for the metabolic cost of walking with limb loss, another potential contributing factor that has received less attention is fitness (e.g. muscle strength). When subjects with and without limb loss are closely matched for age and fitness, they often walk with similar metabolic costs. For example, relatively young military Service Members with limb loss due to traumatic injuries can walk with a passive transtibial prosthesis with metabolic costs that do not differ significantly from able-bodied Service Members [10, 11] . "Young" in the limb loss population typically refers to ages~18-44 years [12] , or well below the typical "Older Adult" threshold of 60-65 years. Subject age in [10] and [11] averaged 28 years with range 23-41 years. A potential mechanism for these results is that while limb loss removes the ability of the lost muscles to directly perform mechanical work at the ankle, which may necessitate energetically costly compensations elsewhere, it also removes the ability of these muscles to consume metabolic energy, and the ankle plantarflexors account for about a quarter of the total metabolic cost of walking [13] . With sufficient fitness, perhaps these energy savings outweigh the costs of compensatory adjustments.
This mechanism is difficult to test in human subjects due to the obvious difficulties in obtaining longitudinal data pre-and post-limb loss. Consequently, the effect of maintaining pre-limb loss muscle strength on the metabolic cost of walking post-limb loss is unknown. Optimal control simulations can be useful in such situations where obtaining data from live humans is impractical or impossible [14] and in situations where multiple objectives are relevant in the control problem, e.g. metabolic cost, gait deviations, symmetry, balance, joint loading, etc. [15] . Several previous studies have used optimal control methods [8, 9, [15] [16] [17] [18] and other related methods [19] to simulate limb loss gait, but have not modeled changes in muscle strength with limb loss, and it is unknown how various levels of bilateral or unilateral (residual limb) muscle strength loss affect the metabolic cost of walking post-limb loss.
Therefore, the purpose of this study was to determine the effect of muscle strength on the metabolic cost of optimal control simulations of walking, following unilateral transtibial limb loss. Simulations were performed emulating the common limb loss rehabilitation and prosthesis-fitting goal of minimizing deviations from typical non-amputee gait mechanics [20, 21] . Based on recent evidence from the military Service Member population [10, 11] , we hypothesized that limb loss and use of a passive transtibial prosthesis would only increase the mass-specific metabolic cost of walking (energy per unit distance, per unit biological body mass) if the muscle strength of the rest of the body that remains after limb loss was reduced. As secondary analyses, we examined how prosthesis design (passive stiffness, and passive vs. powered actuation) affects the consequences of strength loss on the metabolic cost of walking with a transtibial prosthesis. nine joints. The joints were actuated by 26 Hill-based muscle models representing the major flexors/extensors of the trunk and lower limbs: erector spinae, rectus abdominus, iliopsoas, glutei, rectus femoris, hamstrings, vasti, biceps femoris (short head), gastrocnemius, tibialis anterior, soleus, extensor digitorum, and flexor digitorum. Muscle model parameters were defined to represent the lower limb joint strength of a healthy young adult male [23] . Muscle metabolic rates were calculated as a function of contractile component activation and velocity [24] .
Post-limb loss model description
In the post-limb loss model, the five ankle muscles of the right leg (gastrocnemius, tibialis anterior, soleus, extensor digitorum, and flexor digitorum) were removed, as other similar models have done [8, 9, 15, 16] , and the right ankle's passive torque-angle relationship [25] was replaced with a linear relationship representing a passive prosthesis [15, 16] :
where τ and q are the respective torque and angle of the right ankle. The angle q = 0 corresponded to the ankle angle during upright standing, with the foot flat on the ground and the shank perpendicular to the ground. The torsional stiffness k = 400 Nm/rad was selected from sensitivity analyses as the value that produced the lowest metabolic cost in walking simulations (Fig 2) , and is within the range of stiffnesses for typical commercially-available dynamic response prostheses [26] . The mass and moment of inertia of the prosthesis were reduced to 65% and 40%, respectively, of the biological limb values to represent a typical transtibial prosthesis [27] . To avoid underestimating the mass-specific metabolic cost in the limb Loss model, the entirety of the shank segment's mass on the residual limb was conservatively assumed to be non-biological. The terms in the right knee's passive torque-angle relationship that depended on the ankle angle were also removed. The pre-and post-limb loss models were otherwise identical. This approach to modeling transtibial limb loss neglects the fact that ankle muscles may be partially retained in transtibial amputation surgery, depending on the level of amputation, to pad the end of the residual limb, but it is unclear how the surgery affects the mechanics and control of these muscles, making them difficult to model with confidence. The post-limb loss model could still actively control flexion of the residual limb's knee through biceps femoris (short head), and the same statistically significant changes in metabolic cost pre-vs. post-limb loss reported here were seen when gastrocnemius was retained as a uniarticular knee flexor. These results were omitted here for brevity and focus.
Simulations
Subjects. Since this study was a computer simulation study, the "subjects" were instances of the model described in §2.1-2.2 with different sets of parameter values. The models were not intended to represent any specific individuals, but rather a hypothetical population of healthy young adult males. Uniform distributions for muscle moment arm lengths, maximum isometric forces, fast-twitch fiber fractions, and unloaded series elastic component lengths were defined centered on the original value with a width of ±10%, and new sets of parameter values were drawn randomly from these distributions to define a sample of 25 subjects. These particular parameters were used to define subjects because model results can be particularly sensitive to their values [14, 28, 29] . The 10% distribution width is a reasonable estimate of the variance between human subjects in these parameters [30] .
The sample size was chosen based on pilot data from a preliminary sample of 20 simulated subjects that suggested a sample size of 25 could detect differences in metabolic cost with and without limb loss of 9-33% as statistically significant (p < 0.05) with 80-99% power. This range (9-33%) is the range typically reported by studies on the general population of individuals with unilateral transtibial limb loss [10] . The study was therefore powered to detect differences of the size seen in the general population as "significant" and differences of the size seen in the Service Member population as "insignificant", similar to results from gait experiments with human subjects. The approach to modeling limb loss ( §2.2) was the same for all subjects.
Overview. A total of 385 simulations were performed: 10 validation simulations, plus 25 subjects with 15 simulations per subject. In all simulations, the models described in §2.1-2.2 were used to simulate a periodic stride of walking with stride duration T and average speed v. The simulations were cast as optimal control problems: for a model f with muscle excitations u (t), state variables x(t), and prescribed speed v, determine the values of u(t), x(t), and T that minimize a user-defined cost function J. The cost function for all simulations was the weighted sum of a tracking error (first term) plus the metabolic cost (second term):
In the tracking term, x i (t) is the value of model variable i at time t, μ i (t) is the between-subjects mean of this same variable from human experimental gait data, and σ i (t) is the between-subjects standard deviation (SD) of μ i (t) [31] . In the metabolic cost term, m is the biological body mass, _ E i ðtÞ is the metabolic rate of muscle i at time t, and w is a weighting constant. The 13 specific variables included in the tracking term were the pelvis angle, the angles of the back, hip, knee, and ankle joints, the vertical and horizontal ground reaction forces (GRF), and the stride duration. The square root of the first term in Eq 2 gives the average tracking error, in multiples of SD. For example, a tracking error of 1.5 indicates the model's gait deviations were 1.5 SD away from the experimental means when averaged over all timesteps of all tracking targets. A value of w = 0.1 was found to produce realistic metabolic costs and timing of muscle activity, with tracking errors typically under two SD at all timesteps, and was used in all simulations.
The optimal control problems were converted to nonlinear programming problems on a temporal grid of 101 nodes per stride, and solved using direct collocation [22, 32] . Technical details are included in the Supplemental Information (S3 File).
Validation simulations. Modeling and simulation are arguably most useful for their ability to predict results from conditions that are impractical or impossible to study with experiments on real humans. For example, here we studied the impractical condition of measuring the metabolic cost of walking before and after limb loss. To gain confidence in the model's ability to make such predictions, it is helpful to test its accuracy when predicting an expected result. To this end, we tested the ability of the pre-and post-limb loss models with their original parameter values to predict the relationship between walking speed and metabolic cost. Simulations at five speeds between v 2 [0.73,1.67] m/s were performed using means and standard deviations of experimental kinematics and GRF from young Service Members with and without unilateral transtibial limb loss for μ i (t) and σ i (t) in the cost function [10] .
Both the pre-and post-limb loss models produced the expected U-shaped relationship between metabolic cost and walking speed, and the metabolic costs and stride durations fell within one standard deviation of the experimental means at all speeds for both models (Fig 3) . Note that the models were not attempting to track the experimental metabolic cost data in Fig  3: the model-based metabolic costs were produced by minimizing the cost function (Eq 2) at each prescribed speed, without the optimizer knowing what the experimental metabolic costs were.
Pre-limb loss walking simulations. For each subject, the pre-limb loss version of the model ( §2.1) was used to simulate a periodic stride of walking with average speed v = 1.3 m/s. The between-subjects means and standard deviations of experimental kinematics and GRF from 14 healthy adults without limb loss walking in a "normal and comfortable" fashion [33] were used as the respective tracking targets μ i (t) and scaling factors σ i (t) in the cost function (Eq 2). The same tracking targets were used for all subjects, but the resulting gaits and metabolic costs differed between subjects since each subject had different model parameter values ( §2.3.1).
Post-limb loss walking simulations. For each subject, the post-limb loss version of the model was used to perform a second simulation of walking, also at v = 1.3 m/s. The cost function was the same as the pre-limb loss simulations (Eq 2), with the same means and SDs from [33] in the tracking term. Thus, the goal of the post-limb loss simulations could be described as attempting to walk with minimal gait deviations, a common goal of rehabilitation and prosthesis fitting, with minimal metabolic cost. A "gait deviation" here is a substantial departure from the range of typical gait mechanics of individuals without limb loss. The weighting between the tracking term and the metabolic cost term (w = 0.1) was the same as the pre-limb loss simulations. Hypothesis testing and statistics. To test the hypothesis that use of a passive transtibial prosthesis would not increase the metabolic cost of walking if the pre-limb loss muscle strength was maintained, the post-limb loss simulation was performed twice for each subject, once with the same maximum isometric muscle forces (F o ) as the subject's pre-limb loss model, and once with F o reduced by 10% for all muscles, including the trunk muscles. This strength loss is relevant to simulate because individuals with limb loss often have muscle atrophy in both limbs, with losses of up to 25% [34] , and it is also within the typical range of strength differences seen in young vs. older adults [30, 35] . However, other magnitudes and types of strength loss (i.e. unilateral) were also simulated (see below).
Simulations with the weaker post-limb loss models were followed up by six additional simulations per subject to determine the effect of prosthesis design on the weaker model's metabolic cost. In the first follow-up simulation, the simulations with 10% strength loss were repeated with the optimizer allowed to adjust the prosthetic ankle stiffness k (Eq 1) over the range of 100-800 Nm/rad to minimize the cost function, representing a prosthesis with subject-specific stiffness setting as could be accomplished in reality by prosthesis selection [26] , adjustment of spring positions [4] , or additive manufacturing [36] . In the other follow-up simulations, an actively-controlled term was added to the prosthesis torque-angle relationship to represent a powered prosthesis that could deliver time-varying plantarflexion torque:
where 0 i(t) 1 is a control variable analogous to a motor current, a(t) is the motor activation, τ max = 500 Nm is the maximum torque, and k = 400 Nm/rad. The motor activation rate constants c 1 = 5 s -1 and c 2 = 30 s -1 produced smooth motor torque while allowing very fast activation dynamics, analogous to a 100% fast-twitch muscle [14, 37] . The maximum torque was set simply to allow the prosthesis to produce a realistic range of torques for walking. The powered prosthesis control and activation signals did not appear in the cost function, so the value of τ max does not affect the simulation results unless it is unrealistically low for gait. Simulations with the powered prosthesis were performed with F o reduced by 0%, 10%, 20%, and 30% vs. the pre-limb loss model. In these simulations, the optimizer could adjust the control i(t) of the powered prosthesis, along with the muscle excitations, to minimize the cost function. The simulations with 30% strength loss were also repeated with the optimizer again allowed to adjust the passive stiffness k. Each of the simulations involving strength loss was performed once with strength loss for all muscles in the model (bilateral strength loss), and once with strength loss for only the leg and trunk muscles on the side of the residual limb (unilateral strength loss). These conditions were tested because individuals with unilateral limb loss often have strength asymmetries in the range of 10-30%, with weaker muscles in the residual limb, especially if the individual is sedentary [38, 39] .
Statistical analysis. The outcome variable for each simulation was the gross metabolic cost, expressed as J/m per kg biological mass and calculated assuming a basal metabolic rate of 1.0 W per kg biological mass. Differences in metabolic cost between the pre-and post-limb loss simulations were assessed by two-tailed matched-pair Student's t-tests (critical p = 0.05/14 after Bonferonni correction) and were complemented by Cohen's d effect sizes and Bayes factors (B). Effect sizes were calculated using the between-subjects standard deviation of the prelimb loss simulations in the denominator. Effect size d > 0.80 is typically deemed a "large" effect [40] . Bayes factors were the ratio of likelihood probabilities for the alternative hypothesis (difference in metabolic costs) vs. the null hypothesis (no difference), and were calculated using the JZS prior with scale r = 1.0 [41] . Bayes factor B > 100 is typically deemed "decisive" evidence in favor of the alternative hypothesis, while B < 3 is "barely worth mentioning" [42] .
Results

Gait mechanics
Figs 4 and 5 show typical (Subject 01) gait mechanics (Fig 4) and muscle forces and excitations (Fig 5) for pre-and post-limb loss simulations with no strength loss. Animations of the mechanics data are included in the Supplemental Information (S1 and S2 Files). The simulated joint angles and GRF were typically within two SD of means from the referenced experimental gait data [33] , with the expected exception of the passive prosthetic ankle angle. The timing of muscle excitations in the pre-limb loss simulations was similar in most cases to referenced normative electromyograms [43, 44] . The differences in muscle excitations between the pre-and post-limb loss simulations were similar to the most consistently reported differences between amputees and non-amputees, including increased residual limb hip flexor activity and prolonged residual limb hamstrings activity [17] . Fig 6 shows the average tracking errors / gait deviations for the pre-and post-limb loss simulations. Deviations were expectedly smaller when using the powered prosthesis than when using the passive prosthesis, due primarily to the limited range of motion of the passive prosthesis and its inability to perform net positive joint work. Optimization of the prosthetic ankle stiffness had a small but consistent effect of reducing gait deviations with the passive prosthesis, but did not affect gait deviations with the powered prosthesis. Strength loss systematically increased gait deviations, but the effect of strength loss on gait deviations was similar regardless of whether the strength loss was unilateral or bilateral. Metabolic cost and muscle strength after limb loss
Metabolic costs of limb loss and prosthesis use
The metabolic cost of the pre-limb loss models averaged 3.44±0.13 J/m/kg (range 3.20-3.68 J/m/ kg), which compares well to typical human metabolic costs of 3.0-3.7 J/m/kg when walking near the speed of 1.30 m/s [45] . Changes in metabolic costs post-limb loss are presented in Fig 7. 
Passive prosthesis
With no strength loss, metabolic cost did not increase post-limb loss when using the passive prosthesis (mean±95%CI: -0.02±0.03 J/m/kg below pre-limb loss, p = 0.17, d = 0.17, B = 0.39). Metabolic cost and muscle strength after limb loss With 10% bilateral muscle strength loss post-limb loss, metabolic cost increased when using both generic passive prosthesis stiffness (+0.20±0.03 J/m/kg above pre-limb loss; p < 0.001, d = 1.61, B > 100) and optimized passive prosthesis stiffness (+0.13±0.03 J/m/kg above prelimb loss; p < 0.001, d = 1.04, B > 100). Only one subject had a metabolic cost slightly below the pre-limb loss cost (-0.02 J/m/kg) when using the optimized passive prosthesis stiffness and 10% strength loss. Similar results were seen for 10% unilateral muscle strength loss (Fig 7) . Fig 8 shows average increases in the metabolic cost of individual muscles between the preand post-limb loss simulations when using the passive prosthesis. With 10% strength loss, the largest contributors to the increase in metabolic cost were iliopsoas, hamstrings, and vasti of the residual limb, and hamstrings, vasti, gastrocnemius, and soleus of the intact limb. Changes in muscle costs were similar between unilateral and bilateral strength loss, with the exception of glutei of the intact limb, which had a greater increase in cost with bilateral strength loss.
Powered prosthesis
With no muscle strength loss, metabolic cost was reduced post-limb when using the powered prosthesis (-0.47±0.01 J/m/kg below pre-limb loss; p < 0.001, d = 3.71, B > 100). With 10% and 20% bilateral muscle strength loss, the metabolic cost post-limb loss was still below the pre-limb loss cost for all subjects when using the powered prosthesis. However, with 30% bilateral muscle strength loss, metabolic cost increased when using the powered prosthesis, both with generic passive stiffness (+0.20±0.02 J/m/kg above pre-limb loss; p < 0.001, d = 1.58, B > 100) and with optimized passive prosthesis stiffness (+0.18±0.02 J/m/kg above pre-limb loss; p < 0.001, d = 1.42, B > 100). Similar results were seen for unilateral muscle strength loss (Fig 7) .
Discussion
The purpose of the present study was to determine the effect of muscle strength loss following unilateral transtibial limb loss on the metabolic cost of walking. Several previous studies have used similar methods to simulate various practical and hypothetical aspects of amputee locomotion [8, 9, 15, 16] , but the present study is the first to our knowledge to model the muscle strength losses typically seen in the general limb loss population, as well as the maintenance of strength often seen in high-functioning individuals within this population [39, 46] . In support of the hypothesis, the main result was that metabolic cost of optimal control simulations of walking with a passive transtibial prosthesis did not increase post-limb loss if pre-limb loss muscle strength was maintained. However, 10% strength loss significantly increased metabolic cost, even when only the residual limb had strength loss (Fig 7) .
The mechanism for these results was straightforward and consistent with the hypothesis: muscles necessarily consume metabolic energy to generate force and perform work, and while transtibial amputation removes the ability of the lost ankle muscles to perform the net positive joint work seen at the ankle in unimpaired walking [47] , it also removes their ability to consume metabolic energy. The five ankle muscles removed to model limb loss accounted for 20% of the gross metabolic cost on average in the pre-limb loss simulations. With no loss of muscle strength, the remaining muscles in the post-limb loss model collectively compensated for the lost muscles without increasing the gross metabolic cost. With 10% loss of muscle strength, more muscle activation was needed to produce the forces necessary to keep the gait deviations small (Fig 6) , resulting in compensations by other muscles that exceeded the energy saved by lacking the five ankle muscles. Muscle strength here was manipulated at the whole-body or whole-limb level, so we cannot infer with confidence the effect of weakness in a specific muscle or muscle group. The literature is inconsistent on which muscles of which limbs are weak in individuals with limb loss, and most studies with strength data for multiple muscle groups suggest weakness throughout the residual limb, not just in a specific muscle or muscle group [38] , but investigating the effects of individual muscles [17] is a promising direction for future work.
The main scientific contribution of the present study is that it suggests recent cross-sectional data on the metabolic cost of walking with and without limb loss in relatively young, healthy individuals [10, 11] may generalize to a longitudinal (pre-vs. post-limb loss) situation. The main clinical contribution is the suggestion that minimizing strength loss, particularly in the residual limb, should be a major focus in rehabilitation after limb loss to maintain an economical walking gait with minimal gait deviations. Strength and general fitness are already emphasized in limb loss rehabilitation, but the present results suggest specific mobility goals this emphasis can achieve: walking with a relatively low metabolic cost and minimal gait deviations, even when using a passive prosthesis. Since the effect of strength loss on metabolic cost was still seen when only the residual limb had strength loss, maintaining strength of the residual limb and strength symmetry between limbs should be particularly emphasized. Strength training has been shown to reduce the metabolic cost of walking in individuals with transtibial limb loss [48] . The tested condition of no strength loss is a plausible and achievable goal of rehabilitation: physically active individuals with transtibial limb loss can often have no substantial strength asymmetries at the hip or knee, and similar levels of strength compared to non-amputees [39, 46] .
The main limitation of the present study is that the results were produced by humaninspired computer models, not from measurements on live humans. However, the modelbased predictions of metabolic cost at different walking speeds closely matched experimental data for individuals both with and without limb loss (Fig 3) , and the model's gait mechanics and muscle activity also generally compared well with experimental data (Figs 4 and 5) . These comparisons provide confidence in the model-based results. Relatedly, it could be argued that the post-limb loss simulations were further limited because they were generated by attempting to track gait mechanics data from individuals without limb loss, rather than attempting to track data from individuals with limb loss. This modeling decision was deliberate and was intended to simulate the common goal in rehabilitation and prosthesis fitting of minimizing deviations from "normal" (non-amputee) walking gait. The gait deviations in the simulations using the passive prosthesis (Fig 4) were similar to those typically seen in unilateral transtibial amputees: no major deviations in the intact limb, and greater late-swing hip flexion, less latestance knee flexion, less late-stance ankle plantarflexion, and smaller late-stance GRF in the residual limb [49] , suggesting this approach was reasonable for simulating realistic limb loss gaits even though gait data from individuals with limb loss were not involved in the simulation process.
With the exception of the ankle angle on the prosthetic/residual limb, the post-limb loss model was able to closely track the experimental gait data from individuals without limb loss in most other cases (Fig 4) . While these results do not imply that tracking the non-limb loss experimental data reduced the metabolic cost of the post-limb loss model, they suggest that small gait deviations and a normal metabolic cost can be achieved concurrently when using a passive prosthesis, provided a patient has sufficient muscle strength. Relatedly, the simulations of prosthesis type and optimized ankle stiffness speak to the relative importance of modifiable factors that can contribute to the metabolic cost of walking post-limb loss. With 10% strength loss, the post-limb loss model was unable to walk with the pre-limb loss metabolic cost when using a passive prosthesis. The powered prosthesis maintained metabolic costs at or below the pre-limb loss cost for all subjects with strength losses of 10% and 20%, but not for strength loss of 30% (Fig 7) . Lower metabolic costs were seen when the optimizer adjusted the prosthetic ankle stiffness on a subject-specific basis, as would be expected clinically from the process of adjusting prosthesis settings, but these costs were still above the pre-limb loss cost for all but one subject. These results suggest that maintaining muscle strength, particularly in the residual limb, may be more important than prosthesis type and settings for preventing an increase in metabolic cost following limb loss. Beyond 20-30% strength loss in the residual limb, even a powered prosthesis could not prevent a large increase in metabolic cost post-limb loss. These conclusions are limited by the fact that we only studied a simple prosthesis model, with linear ankle stiffness. Tuning a nonlinear stiffness or other prosthesis design features could potentially provide greater energy savings. For example, the toe joint was a mechanical energy sink for the both intact and residual limbs, consistent with findings on the biological feet [50, 51] . Perhaps a prosthetic foot with nonlinear stiffness could reduce energy losses or increase the elastic strain energy returned by the foot during stance, to assist with ankle push-off.
The present results agree with the conclusion from the model-based study of Fey et al. [8] and the experimental study of Major et al. [4] that passive prosthesis stiffness can have a modest effect on metabolic cost (Fig 7) , but add the suggestion that prosthesis stiffness is unlikely to offset increases in metabolic cost due to strength loss. The present results also agree with the model-based study of Handford and Srinivasan [9] that a powered prosthesis can in theory reduce the metabolic cost of walking below that of individuals without limb loss, and add the suggestion that this result may only be achievable with sufficient muscle strength. However, when using a passive prosthesis, the present results conflict with [9] , who found that the metabolic cost of walking with a passive prosthesis was about 20% greater than their pre-limb loss model's cost. The difference is most likely due to different cost functions in the two studies (simulations in [9] did not include a tracking term) and model formulations. The present muscle model included some features that were not present in [9] that would be expected to affect metabolic cost (e.g. activation dynamics and a force-length relationship). Nonetheless, both studies support the conclusion that a passive prosthesis cannot reduce the metabolic cost below the pre-limb loss metabolic cost.
The finding that a powered prosthesis can reduce metabolic cost below the cost of walking with a passive prosthesis agrees with one recent experimental study on a powered prosthesis [5] but disagrees with two others [6, 7] . The different results between these three experimental studies could be due to differences in their device designs, or to differences in the scaling of metabolic cost (it is unclear if prosthesis mass was included in the scaling for these studies). The present study also represents a hypothetical case of ideal goal-directed motor learning (minimize gait deviations plus metabolic cost), while subjects in the experimental studies may have been unpracticed with the novel powered device, or may have been optimizing their gaits on factors other than gait deviations and metabolic cost, such as comfort or balance. Tradeoffs between different criteria in multi-objective optimization of limb loss gait have recently been investigated [15] , and although exploring such trade-offs was not a goal of the present study, the results may be relevant for explaining motor behavior in individual with limb loss. For any given simulation in the present work, more accurate tracking of the target gait data (i.e. smaller gait deviations) comes at the cost of greater muscle activations, which typically increases metabolic cost. With strength loss, the task of minimizing gait deviations becomes more difficult and requires greater metabolic cost (Figs 6 and 7) . By extension, a potential explanation for why individuals with unilateral limb loss tend to walk asymmetrically is that an asymmetric gait is energy-optimal for their asymmetric system, or at least costs less energy than a more symmetric gait. If a clinical goal is to reduce both metabolic cost and gait asymmetry, these goals may conflict if the individual has substantial strength asymmetry.
Additional limitations of the present study include the use of a 2D model, and the modeling of a rigid residual limb-prosthesis interface. The 2D model could affect the relevance of the results if non-sagittal mechanics are primarily responsible for the energetics of gait post-limb loss. However, in high-functioning individuals with unilateral transtibial limb loss, the largest gait deviations and the majority of significant gait deviations occur in the sagittal plane [52] . We would therefore not expect fundamentally different results with a 3D model. Concerning the rigid interface assumption, soft exoskeletons store and return substantial amounts of mechanical energy in the user-device interfaces during walking [53] , which ostensibly affects metabolic cost. The authors are unaware of similar analyses on transtibial prostheses, and individuals using ankle exoskeletons do not walk with the same gait mechanics as individuals using transtibial prostheses [54] , so their results should be conflated with caution. Different limb-prosthesis interfaces (vacuum suspension vs. hypobaric) did not affect metabolic cost of walking in Brunelli et al. [55] , but it was unclear how or if the interfaces differed in rigidity. A non-rigid prosthesis interface would likely act as a mechanical energy sink, assuming the interface is not entirely elastic, which would likely shift the data in Fig 7 upwards , but would be unlikely to re-order the data between conditions since the same sink would be present in all conditions. However, the modeling details of the residual limb-prosthesis interface are worthwhile to investigate in future work as osteointegrated prostheses with more rigid attachments become more common.
Conclusion
The present simulation results support recent experimental data suggesting an increase in the metabolic cost of walking is not an inevitable consequence of unilateral transtibial limb loss: an increase in metabolic cost may be driven more by loss of strength in the remaining muscles rather than loss of the limb. Relatedly, while prosthesis type, design, and settings can clearly affect the metabolic cost of walking in individuals with limb loss, muscle strength can potentially have just as large of an effect, and can potentially limit the improvements in metabolic cost achievable by prosthesis adjustments. 
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